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hopofui’ anno praeterito methedum innumeras pro-
grefhones {fummandi, quae non folum fe ad feries
algebraicam fummam habentes extendit, fed earvm etiam,,
quae algebraice fummari nequeunt, fummas a guadra-
turis curuarurn pendentes exhibet.  Synthetica tum vius
fum methodo ;. generalibus. enim: affumtis formudlis quae-
fini feries, quarum fummme iis formulis exprimerentur.
Hocque modo plurimas. feries: generales adeptus fum,,
- quarnme {ummas poteram affignare.  Propefita. igitur
quapiam progrefltone. fummanda ,, necefle erat eam cum
illis. formulis: comparare,, et indagare, num ‘in aliqua.
earnm contipeatur. Potuiffem awem numernmr earom:
generalium ferierim: in. infinitam. multiplicare, et pro-
pterea’ faepius mihi feries, occurrerunt,, quae etiamfi in.
datis. generalibus. non: comprebenderentur, ipfa tamen
methodo' poterant fummari.. Quo- igitur ficilius ma~
gisque in promtu fit feriei cuiuscunque propofitae fum-
mam, fi quidemr fleri poteft, inuenire, commumicabo
kic methodurn analyticar, qua ex ipfins feriel patura
termibum fummatorium exnvere licet. Latiflime ea pa-
tet; nor folum enim omnium earant ferferam , quarum
fonmae tot dinerfis. modis iam. funt erntae . fed infini~
tarumz
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“egrume aliarum. ﬁlmmas ﬁmlh et facili operatione inte~
nire docet.
" 6. 2. Si aeque effet facile dato termino generali
fienire fimmmatorium , ac inuerfe ex fummatorio ge=
meralemr maximum hoc eflet fubfidium ig firnmatione
ferierum. Poteft quidem inter terminum fimmatorivm
¢t generalem dari aequario, at quia ex infinitis conflat
terminis , €X ed non multum  adiwnamur. At tamew
infigne inde maftitur compendium,, ad progreffionum al-
geblalmrum fiommas exhibendas. Sit terminus gene-
115 fen is, cuius exponens eft 7 in progrefliore qua-

et tclmmus fammatorins: fewr famima ombium

. ‘ 4 .
:1n0r11m a pnmo vsque ad £=—s;, erit #:— m ;E“T'%—w

,disn . dty

- ,-;,;g; 2. 3. 4. dnF 1 €iC. in qua aequatione po-

firum eﬂ dn con&cms. - Transmutazi autem haec ¢ aequa-
— Bat dzt | Sd3t

tio- poteﬁ i lmnc r“ffdn+ar+ R £ S s

~—etc. in qur coefficientes «, 73 sV etc féqhentes ha-

—_0. —
bent vﬂores » B3 E’a 'y 6, Y=%—%+2 pLy o=
E ? [ 23F TG 68— T~ i 22F- o i 720' etc..
o ast

Fiet aumtem. so—[7dn—- *-—l— L — Trod+ orso @t

etc. Queties. igitur £ einsmodi habet valorem. vt fe~
- wies s pracbens vel alicubi 1b1urqpqmr,. vel fiat fumma—
bilis ,-tum: ope huius zequationis reperietur ¢ ex #.  Fnew
| nit autem illvd,. 41 # eft fim&io fllgebmlca rationalis ipfiys.
11, et praeterea ﬁ eft ﬁa&m,modo n non in determinato—
rem ingrediatuf. E.gfitr=in® - sp, erit di— sugy
A-odn, ddiz==2dn®, d¥r==0etc. FErit ergo s f

(n? zn) dn—+-" s "+ 2et2 :%’_1_ 3n% I
IFe 9 ﬂ"—f—'zn = & =
&

kg . § 5.
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§. 5. Methodus autems, quam hic fim expofitu-
s, ita fe habet, vt progreffio propofita certis quibus-
dam operationibus vel ad aliam fimpliciorem , quae
furmnmari poteit, vel iterum ad fe ipfam reducatur ; vtroque
enim modo fumma progreflionis propofitae  conflabit.
Operationes, quibus in hisce transformationibus vtor,
funt vel vulgares vt additio, fibtra&io etc. vel ex al-
tiori analyfi, fumtie vt differentiatio et integratio. Illa
quidem alils feriebus non inferuimnt, nifi quarum fim-
matio iam eft cognitr et algebraice affignari poteft;
His vero etiam progreffionum fiimmas algebraicas non
habentium fommae a curvarum  quadraturis pendentes
reperiuntur.  Omnes autem {eries ad quas haec metho-
dus accommodari poteft, in f& complectuptur progreflio~
hem geometricam , ef huiusmodi habent formam ax®
—+Bx P a™ P F a9+ ete.  Td quod non
impedit, quo minus progreffic quaecunque in hac for-
ma contineatur.

§ 4.Vt a fimpliciffimis incipiam, fit progreffio
propofita geometrica, A% w3d 1 xo+2b g paigh
——————— a = in qua extremus terminus eft
is cuius index eft #, atque hoc in fequentibus. femper
notetur, terminum vitimum effe eum, cuius index eft
7, ne opus habeam indices adicribere ; et proinde etiam
femper fummam vsque ad terminum indicis % exhibe-
bo. Ponatur fumma progrefiionis propofitae §, erit
J__ﬂ?a—k—.%‘g+b-{—$a+ﬁb A g O—13b tune fet
J_'xa:-xq-—r-b__%_gxa-i—zb e __I_xa—-{—(n--:)b

, addatur

— -
%

. e o = A gonb
viringue 2+ et dividatur per 4%, prodibic S
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g gt oo o o O ¥ — 5. Habemus igitur
. ‘gequationem fmpf g =—p® . ex qua inuenitur
N ’;\;‘u——’li"q—{_ﬁb‘ ( . ’ . .
A%, . quae eft fomma progreffionis geometri-

: B T ..A‘,‘wbj. . ?

" ¢ac. propofitae. Eft ergo hoc exemplum, quo progreflic
“propofita in fe ipfim transmutatur. Si fuerit x fradtio
. ynitate minor et 7 numerus infinite magnus, erit x5+
d .1 7, “ # ‘a

=T oatque ST

.

e fammam praebebit progrefhionis

o .gé&méfﬂéﬁé % - g 0Ppg® 2B — — — ctc. in infinitum
. continuatae. - Si fuerit x—1x patet effe 5=, id vero
B R LRV L 28 a-pnb

»

— » quia au=

aret.ex aequatione §—

U difficilius. 41
SRR e TR ‘ I—A
" mesator et dénominator - eunnefount. Ve vero valor
FORE hDC il]; Cﬂﬁ.linﬂ(’.‘.]_]iatui-’ Poﬁatur 1w, denorﬂnta
R T R T , . -1 |
. & quantitatery infinite paruam, Ert AT g, g4
LAy ; | :
1 (a—-npywer st =1 —bwl Hincque fit g =
Apparet etiam fi terminus generalis fexiel faerit ax™ """ ®
‘ . &% X ot1ib

1 —ab

fore terminum fimmarorinm

i e

2. §. 5. Sit hune propofita ifta progrefio 4% -+ 2 3+
ey Rh L gt VP) cnius famma po-
CI I R, o -2 a—-{n—13
. Erit §—af—2a P ga ~42b gt
ir- fequens terminus (1~ E yx2+ et dinidatur per
S RN ) o adlednl

Y At 1) X
T —\‘“( -+“ ) -—.-sz‘a—l—- 3ﬂ?a+b e o
i BRSO LS ) .x;‘b.)' ) .
(-t-x)x+P—1 2, Suberahatur ab bac ferie prior feili-

e - ' cet

hatur

. é

A L:.:—'fx- 7
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S— 4% (1) :v“”"“z’_ =
; p—

cet ipfa propofita prodibit

Wi oy )
APt g2l Lo gl T 'L%g;"-—.- Ex
I—X
. e ' L LaeD gpte= (-1 )b
hac inuenitur s— > UH_? x “ S —
: I—a . (T—a7)2
A (oo 1) 25D e gl o gD gy gt
(z—ab)? T (x—-axb)® P

Qui eft terminus fummatorius refpondens termino generali

patHO—1P - Si fierit x< 1 et ponatur B oo Pro-

dibit feriei propofitae in infinitum continpnatae famma —
ﬂ:ﬂ‘.

—. Si antem fiar x—1x prodire debet fimma

progreffionis 1-+2-4-3-+4 ~~~~-n, hic vero eadem,
quae ante oritur difficultas, numeratore et denoming-
tore euanefcentibus; pono igitur iterum y—I—u erit
1P hw; 2% 1 —aw - s (g by
g A1 o potlsi® — 1 (g (p—-1)8)

2
: {am{n4-1 PMad=lr4=1 )b— 1 Jw® — Mt f)
0 ? fitque s =T —
-1 . " .
PR, Practerea fi terminus generalis fit Bpaf+0—1¥

Bxt— a0 Qpaotnd |

(1—a")2 L—ab

grit terminns fiymmatorius —

§. 6. Simili modo imwenienttr termini {ummato—
pii, fi termini gencrales fint p2 po+-B—1% y3ype-—1)
etc. {emper enim fummatio. reducitor ad fiummarionem
feriei gradus inferioris. Ex quo intelligitur hac ratio~
ne inpueniry poffe generaliter terminum {ummatorium

' - fpon-
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:fpoﬂdmtgm “termino gcnerah (a—[——ﬁn—lf—ryn ~+ ete.)
s el I-In his autem abfoluendis longius non im-~
550 ¥ i 42 1[111 dudum {atis font cognita.  Ideo haec
"t fnethodi” vis etiam per vulgares ope~

- gatigufis atenit,
‘,f;ratlones patcfcqt Progredior jgitur vitra, et quacnam

yies opc alﬁ'crentl‘ltioms eﬂlﬁtegmtloms in fummam
‘ ”"gl queant, inueftigabo. Primo quidem etiam pro-
gmﬁi@ncﬁ algebraicae modo tractatae fommantar, ef
' ge iuenjuntur a iam datis non differentes; atta-
“earum innentio per has operationes videtur faci-
bregior. Hanc ob rem ab his iterum incipio.

'gx;e{ﬁo fummanda I e R o
onatur‘*ea — ;" diuidatur per x et mul~

- per. . cix . Cerit By - 2xd2-+3 &‘-a’x—-
Bt d %, ﬁlmtlsque mteglahbus habetur /*22—.
Ex aequatione igi~

. sdrﬂ_m——xﬂ"*“ : T : ]
tur S = dlﬁ'erenmta ingenietur s.  Erit
k .

_‘ 1I—%
sda dx (11+1)x“dx+nx”‘+' d;x,
M = == , vade
—Tn (P -
5 :x%n—%ﬂ A a2
—. vt ante §. 5.

, 1b1 loco a,' et b fcrlbatur 1. Ex hoc intelligi poteft
\quomodo p%ogre{ﬁoms 232 4 (a-1-b) x°+E = (a-4-28)
2P 28 s~ (a (n—1)b)xe-+E=1% fimma fit in~-
_.uemcnda;. FPonatur enim haec fumma quaefita s, et mul~
nphcetur pet A" dy erit x“sdy““"c:*t““‘““ dj—’,—-(cz—{—b)
Tom V1. K et
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2048-4-m R S IEOF SanatRic il (TR PP

fam o+ gt e gepsyw p O et a8y

et #=»"%. Hincque fict 4%+7— et — 1 Fy,

£0 erit rrr::—ga—_f,fjc =F Atque g+ 1 Jopomr — -y -t oy
) Br— ah—g

His pofitis erit 5 Sy =ay™—'dy 4 ( @ - by
P e = - = (g (n 1) gt dy, fum-

- . . g—-'—----—."z---a"'}‘-—e
tisque integralibus fa™ 3

-y a(—1 3 — J° "‘.}"d—HLb

_def:_j"“-—]—_}’a+b+ -

. b 8. i
—— Quia vero eft yb—y 5 erit
J=xE et =L 17T 4y, hisque fubflimtis S
%€ _agnog
xro—a b .
sdx— . Haec eadem aequatio pot-
r—x8

eft facilius fine permutatione variabilis inueniri hoc

modo: Multiplicetur progreflio propofita per pamda,
erit PrTsdx=pasttmgy o Pla—=(n—1)h)
A%+ tiedm g Determinentur p et = ita ve o ot~
(n—1)8-+a—=p (e~(n—1 YB)—~1 fey R e
(n—1)8=ap-(n— Dop—r. Ex qua, quia p et 7
ab 7 pendere nequeunt, duae refurgunt Aequtiones B—
bp et o =d4p—1, wvnde prodit p—-

3 et o —
et . .. . ; .
== Hi fubflitaeis, et Integralibus fomtis pro-
L oy Lowb 7 gg 2618
ueniet vt ante e fdrma b T 5 _ -
qB a1 nhe
Chl-lpe  ap T
1 b — —
Xy

§. &. Sit progreffionis propofitae terminng ording
3 L . 1 —— .
1, hic (an—+2)(0n T )RFHETS L ponmatur huiys ter-

s
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RO oyt ﬁimmatomm g oent s=(a-+b) (ce)x* -+
Y e —+ (an—b) (ent-6) .
- yoen—=1382 ultiplicetur per paTdw, fiet psaTdr=

A4 b) (c+e)a“+“dx ~p = = = = = e p(an—-b) (cn—t¢€)
: : Sit p en—-pe=a=i-nB—p-m-+1,
debablt%éﬁ'e p_._.fg e m=PReEfimeme  Frog  fumtis:
us erit ﬁf’ﬂ' Jdr—“(cz—}—ﬁ)x"‘“""’*“ e il
m""*'(ff“" B-+m+1 | Multiplicetur denuo per gx°
' edg, of 3" sdx=q(a-0) w T
Z,)xm—i-n—1][3~+—w+g+ndx fiatque zmq

é—.ﬁ——k- 7 —g -2, hinc erit 4 =
- Bbo-rac—fae Sumtlsque 11“‘3“

. K ac
2 -
'».fxpd:{bfrﬂ_rdx-——- x!“"f-'m"—P'—l"" ,_.i__. -
. o T2 g BT 2
1 ;)B—q-mg-—g—l% —_

I—xﬁ
Bho—pBre—ac  Be-Bo—ac—c
feu_. ec’ '16(3{11&1?10 f w4t dyfx™ ¢ s dx—
l3r+5) Bfﬂ—l—-b—l—ﬂlfl} Btont-B) L P -
UEEURSR af . Simili modo
', e ' I-—'UB

n:uenda* fi plures duobus factores fue-
ex quo ﬁmul apparet, tot

e, S fuent progreffionis fummandae terminus
: xct-i-—(n-—!)ﬁ

=~——-——, Operatio a priori in hoc tantum
"z‘z?z'—l——!;
dhi quod
o .. Kz ibi
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ibi integralibus fumendis perficiebatur. St igitur ter-
. . X

munus fummatorius quacfitus 5, erit sz —

1 &&+(Jb—1)[3 . p
atque paTi—
Can—b que p
f)ﬂu“’*'”‘—iﬁ—r—'fr - 5
PR Sumantur differentialia prodibit pa™
BT 1
s+ pmrxm—1 _m:lwp(a»%—'r)x dx
A~

]—‘(0’-—}"776“ ﬁ,_;_,w)xrx—;é—(n- 1R 1 dx N '_
mH:é-——_ —. Fuat po-t-pn3

._pg-i—pw::‘dzrri—-{—b erit p__@ et 71',_;3—0'—,—6[?.

d‘lﬁ—"ﬂ-"i-' d.f“l‘— ( gﬁ da_l_bﬁ ) 1‘{3—&..*_173”! ¢ d‘%‘_
Bdx

Ergo

a [3 .4.66_-:: - w1 !3— aff4+if—a
a — a

B | aﬂ—aa+bﬁ aﬁ+bﬁ—a e
(I ) Seu g¥ ¢ T e I

1 — 4P
ag—af—tf  afyBB—a
vel s—Bax™ 377 fa @
24

formula integrale ita debet accipi vt pofito x—o, ipfum
euanefcat. Si defideretur fumma feriei P].Op(}ﬁtle in
B fg—i (3 “Efp
infinitum continuatae, fiet #7” oo et S=5 %
af—4-2p—a
f x ¢ X o A . .
T o it a—=r. in ezpreilione quidem

I—X
fumma § ,_quia'dif:lj'arentialia infunt, non poteft poni r—r,
fed poft integrationem fiat x— 1. Attamen perinde
eft
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oco. o et f fubfhtumtur, ﬁt 1g1tur

".‘c& quales numerl 1
s sl vt A

. ,'Eut $_.m_|_b+ e
% Atque poft mtegratlonem fieri

__._.— -

I—X
Q_uemadmodum m dlffeltatlone de. fum-‘

matlombus ‘mmo citata inueneram.
§ 1o7 DIt PLOPOﬁta PlOgleﬁlo ccuius terminus or-
A

E s %".(an-\——b)(&‘ﬂ—-{——e)

m—1B tnm compendii ergo . tm quia haec po-
,ffmh* negotlo poteﬂ: tnnsmutan. Sit
; O p (TF-—-]—-‘

forins &, erit Pl e A
RS £ P = @ Ebieae)

P (mw—-m)a™+ .
(an—+b) (m——i—e)' Fatpm

_.a-
b
xﬂ-—'—ﬂ 1

— Mulﬂphce-
en —}—4:

&

4——~~~~4—

6.

efiio er x""' . erit

: ‘ apd (a:’”d(x“ )

e e

IR I—imcque Plodlt
- NN
Tob

s Y

d ., affumo- hic tantum & lo-

— & Ergo habetur |

T o 4&, aq ~T ;
csz (xEsY__ __pxa e

B——l—ﬂ—#—m‘ 1o T2

NS s .
b CANE A ‘n-i-e
IS K 3 Fiat

o
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&
Fiat %”——[—pn—{—p T—p=cn—e¢; erit p—¢ et =1

~% - & His fubflitutis emerget iffa aequatio
tecbie b
acd(x "o o (xeg e L1 & gt
( ( )):ﬂ-‘” i
dx* I—x
1D -8 ( & )
. . . . acxy e cg(avg)
Sumantur iterum integralia , €rit ~ =
‘ | =
e b e e
_— I *-'—x' . I O e, " ap s
Jas dx(—__>: hincque s = = _ faa—c =gy fxcds
X acxy
b e e n 5 n
L— a1 Aa_'—"EH Iy " _l;m — .¥*) fq: 1 —2
( BN fa,cda,(!_x) K d@(;_‘xl_ Cafiss
I—x (be—ae) xg_
hic notindus eft, fi be—yze » quo fit =0 Erif ay-
5
. . .1 - — ot
tem 1uXta priorem formam s— v S & v dy f.l:)
acx; NI -

. n b n
X Ifve gy Ly (o s £ 1 et .
. quae mutatur in hane s— s W) S WE )

_ ya
Cafiss hic accidit, fi denominatores (@2 ~b)(en—-¢)
fuerint quadrata vel horum qmedam multipla.  5i fie-
rit x=r1, haec fubftitutio vt ante demu
tegrationem ficri. debet in quantitatibus fig
prac fe babentibus, at.in finids £

m poft in-
na integrali
atim fleri poteft x—1.
e b $

. (e —xa)da (=2
Erit ergo ;:f ) = Ex quo apparet

be~ae
e b : |
i x —x5" poteft dinidi per I—x f{ummam progreffio~
nis effe algebraicam. At cafi quo b¢ — ae, fier Iy

:0,
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~——0 fi fc111cet it o= I, Quocirca erit s c——————

" jxadx(‘——m‘“:"*”a”)ln h il

| s II S1m111 modo 1ntelhg1tur i # in denomi-
) natow 53 plmesue dlmenﬁones habeat, quomodo fiym-
. ‘mam nueniri Oporteat, ita.vt opus non fit pluribus
'-excmplls‘“ operatlonem ﬂlu{hare Sit progreflio propo-
xﬂ
| (472+5)(c?z+€)g‘?z—i—g)
5 'Hﬁec progreflio eodem , quo praec.
Etra&ata dabit poit duas dn‘:‘f‘menuoneg

fita haec cmus telmmus generalis eft

\J')) . .TE-- ‘2:; —+—an
R i
f—i—é: 1f g

n

M - fx' g a’x S ) famantur inte-

) - e "B
tzafr & e “d{xe £) e-—g
g —1
T =/ a’mfaf dx
b £

- as v <der e g
- {J_*fx),get w_denuo -chu.a .f'"'f.ﬂ.:‘ ‘dl: we F =1 o
.fI,

£
f@fd.m( :”” ),_. adquue = fx c“"'dxfx -

acfx—-

g1 aha . erit

e

.dl fxfdx( ““""') Ne plura figna integralia poft fp

haec fOI'IIlEl 111 fequentem f.'lal’]SI'Illl-

n
fff‘vf dw(le=zy Cﬁ‘c v “m)

R e

—-___

({, f—ag)( (cf—c;g) (Go—ae) (g~
+
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B P
&% af_f‘a_;f“ =) Ex hoc fimul apparet, fi plu-

(ae—bec){ag—bf) ,
res fuerint factores in termino generali, quam formam

habitura £t fumma. Sit enim  terminus generilis
xﬂ-

erit terminus fumma-~

(@ 81-4-0){en—we) (fn—g) (hu—tk)

. Cox 4. B e e _E_ E__ _k_
torius §—_. —— . x;-r"ldilfxc "j—ld;rij"b“‘ §
' Cacfhat

.k " 5 b "
dsfabdx (ﬁf*'):: ax afx’a-ﬂh:x)
: i (ﬂe-éc‘)(gg'm[wj Hak—bh)
| c‘x"_g—fr%dx( ::f: 771) oy fx —E’gﬁ: Jg}fl (Il__'_"f_n) |
(be—az) (%’;ﬁf';e(ff'k—f/ﬂn (6f—ag ){ef—cg){fh—ghk)

fex v fab dz( =2 )
(6l —ak f(eb—ck)(gh—1k)
fn, quo x=z. erit pro termino generali T _[_b)(m'_l_e)

.. Si defideretur fumma ca-

{fn—-g)
n Is]

te_rminus ﬁlmmatorius S fd.ﬂf( : :; ) ((ge'f;g%f)xj ""%"'(é'ﬁf"g

- | (ae—be ) ag—bf ) (eg—ef )

Quoties igitur quantitas in Jx

e b
6g)e —(acg-aef v )

(:::: ) ducta dividi poteft per 1—x tunc progre{lio
propofita algebraicam habet fimmam. Accidit hoc 4

) e .. . .
=~ ¢t &£ funt numeri integri.  Praeterea hoc etiam

a I
eft notandum omnes hniusmodi progreffiones vel alge-
 braice effe fummabiles, vel a logarithmis five reg-

Libus
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N Aatiis pendere, neque vilam aham quia~

insmodi progreffione poffe exprim
t cum difficile fit has formulas ad eos
' quibus denominatorum fadores funt

. -ca‘fus- ,ccommva ALe
a.cquale i ibet hic:

cﬁioms‘ fummmd.ffe termmus generahsm
fdwﬂwfxa dx| ;:x ) id

TR
i o

vbi ﬁt c_ef"'" et E—f— 5
ar ~ a¥eis 2ﬁu‘“ dr(3=- )

asdxl
a

T
o /] . Si autem

YT gm - lx 3 xa "
t termmus generahs . erit r'" fxe dx
( an—b)*

]

= e )

2 dxb,;(_;”"’ +3hfm dx(lx

e G at le- -
fquomodo pro rehqms potcntiis valor
tur; generaliter enim i termmus ge-~

. (Ix) m"fx dx

palet

del( =5 )+("i:—‘-)(%f—2)(zx)m-sfx« el A

(m—% )a’”‘x}

Tom. VI L . —etc.
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—etc.  Valores hi multo fiung fimpliciores, {i ponatur
N-1, erit enim v=o. Termino generali enim T
: ’ b A

: s S 24w () (= :
refpondet hic fummatorius J Bl=%;  termino
1.4°

. b n
a2 T —
generali 1 hic S i‘x(z_]’ilé_(,’“:x ); atque termino
2.4
' b %
Ly [ D)
(an—-6)™ I.2.8w === (m—1)a™
.b . -
Jaeda(Im—1 (1==
a'fdx(tym—r  ? _
cipi vt pofite ¥—o tota fhmma enanefcat, tum auteny
poni debet x—x, et quantitas refultans vera erit fum-
ma. Porro notetur fi fimma defideretur in infinitum
continuatae . progreflionis,, vbique tantum feribi debere

‘generali

quae integraliz ita debent ac-

1 1—x
T — loco 1— "

§. 13. Duae iam pertractatae funt progreffionum
elafies, quarnm illa habebat terminmm generalemn A 4%

haec vero T~ denotante A quantitatem algebraicam ex
# et conftantibus. conftantefn , ita tamen, vt # non ha-
beat alios exponentes ; Difi integros affirmatios. FEx

,,.‘

his oritur tertia claffis Pro- tesmino generali habens <5,

vbi A et B eiusdem modj quantitates algebraicas de-
fignant.  Talis progreffio reducitur etiam ad progreffio-
nem geometricam tollendo numeratorem A ope integra~

tionis
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§ 1011155'31: denommatowm B ope differentiationis, quem=
-admodym in: ytraque pertlaftata feorfim factum eft. ' Sit

fummandae  terrninus generalis = _{_)b” hu-
5 fummatorlus ponatur §; erit §—= (a;__b )ae

MLI].thllCCtl‘ll‘ haec aequatio per
't

Tt (@n—{~ scn+
= e o MO

).—-— ’P{‘TH-! Yed-E)z __cgg_e
m—HJ

o ok

W dx A= - - -—+p(om+€}
umantur 1ntegraha. habebitur @p f x
w1 s nb+1T+m
- +zzp( a1 _
b—f—mr-—k—zm :

v humsquc fummatouus ponatur 5, pro-=
o L2 - dibit
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‘ll }\ | | dibit iisdem ,- quibus modo, abfolutis operationibus , gﬁ—

‘ b b _@__—-]--
xo

J J’.xf‘r*-a‘d( a8 §) == (np—3)

!
- (Y n-8)

& -

| - : :
re o, multj.phcetur 1erum per p.n:“d x et fumantur in-
: I B2

‘ el Eaply -3 )ae
tegralia, prodibit &2 fx™dnfss e 4 xa s).% 8

B+am—t2q
- 6‘) [ i a2

Il S B Gl Ll . Fiat aypin—-
’I + -+ €+owr+am+ar : z/ .
F | adp—a-{-B—-am—an, et g_D:l et Ty Ty
|

§ 8y - 8B B § 41
Ergo & [&Y =% dxfaw—ed(at ) =a¥  A-m -

Ii Stn 3 ek daE R
Hie St G-t n oany jae e g sy Xy e
) xv =y (). Quare = v Ja e d ( G

o ﬂx%dx
Sed huinsmodi progreflionibus fimmandis diutius non
- immoror, fufficit enim methodum tradidiffe, qua omnes
fommari poffint. Irterim tainen et id valét, ‘quod §. 7.
dixi, ommes fcilicet huiusmodi progreffiones vel alge~
* braice pofie fummari, vel firnmam a logarithmis fiue
realibus fine imaginariis pendere.

| §. 14. Progredior nunc ad alind progreffionum
_‘,‘ o BeNuS, quarum termini generales algeébraice exXprimi
‘ ~ pon pofilnt, fed quae ad claffem frierum hypergeo-
H\ , | metricarum  pertinent.  Huimsmodi feries eft (a—-8 )z -
i?Ji { ~H(aAE) (204-8)8% 4 - - (a4 8)(204-8) ~ - - - -

{on—+-5)a". Ponatwr hoius fimma 5, et multiplicetur
per pa™, erit pa™s=p (a—-8) 4™ i =~ P (a+-B)
. - (20-18)
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——lr-l‘fs’) x“"'“ B, huius;, in dx dudtae

£)aTt?.
; .1 v uTr.-}-—rg rear e
iB)( - —— ,.11-{-’1’-—{-—1 _
"'{m‘"l'g) (om»—l—ﬁ A G
71—l~7r+1: , 3

e - e
—1 : -
-, et 'n'_. m—I.Vn

R e o3

-

D ]'.Uj.f‘

o '(ﬂ-I)-l-—@ eI Quae
' 10P0ﬁta 'truncata fermino vltimo.

: ~_~;ctr-A Hmusmod1 autem formas finita ex~
ofii i in alia jam praelecta differtatione de ter=
libus plogreﬁionum transcendentalium , - eX
gig--valor 16co A defumi poteft.  Erit
. Euttje
s—aAm -, atque
g+,_

d.&“

& i
Haequaﬁone 4lor, 1pﬁus 5 eruts dabit ﬁ:nmmftm pro-

‘ pciﬁtae Fleu etiam Poteﬁ vt factores
& _quente non vio tantum, fed duobus plu-
- L3 -~ ribusue

(@-—}-‘E’Q%J-dm—]-—axgd.r—( —\—-E’—}—aﬂ)Ax dx. BX
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ribusue augeantur.  Accedant femper -duo de nouo, vt
prodeat ifta progreflio (a—8)x - (a8)(2e+-8)( 3
F8)a? A -~ (g E)(2a—+8)--(a(zn—1)
—i-8)4" Huius fumma vocemur 5, erit pfu™sdx—s
PABWT | HatB)(ze-E) - -~ pla(2

T -2

_ ‘ -
T B )= ) .
'),"j—'_‘—gh - Fiat epan—po—t-pt—n s
-1
Bz
. qpo—35¢
w1 oetit p— L et 7wl Vnde!f_____m _{d. %

20
B4

= —1—“-'--_-,;.(a_lﬂe)(za-%—-ﬁ)-w—(a(m
T 7 gn s b—3a i
~2)+8)aE=e Arque iterum PFTIHSE TR sdw

20
— 2apx%'ﬁ°+or I | 20p(at-8) = - m e
- B4-sat+z2am . ! )

27— 8 ) aHT+tta :
f_(_ ’ ﬂj_):g’ dad ——=22. Fat 4pa?n—qpe— 2pat
za T

:2@12;--}—2'11'&-—{—@:—}—@5 crit'p:;’; et w:g’;i“—-
S e LI
_&2_-;_0?_—__—-%, ‘COllféquelltG_ﬁ J2 fiﬁ; ; E sdx

: ' “2e
=B - - e - (0 -B)(2a4-8) - - = (a(2n—g) - B)
¥ =g — A a™ pofito A—(a+8)(2a4E) = = = (a
(2n—1)4-8). Ex qua aequatione s innotefcit.

L Xf

—t—=(a

§. 15. - Simili modo operationem  inftitui
oportet, fi in coefficiente termini fequentis, tres plu-
resue factores d¢ nouo accedant. De quo notandum

eft,
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cﬂ , tot g__emper’ im aequmonc ‘refultante figna -integra-
lla ':ﬁbl 111u1cem eﬁ"e unéta quot- funt factores, quibus
‘1%4"%?1&5 qulsque minfls augetur: Ita—progwfﬁmns(a-]—ﬁ)
3 "“‘J—g) Shaleta (05(3?2‘2)4]—@) a* famma

V.2 Tl Sdufui=ie

X hac aeqmnonc R
L 87032
- 3a
.E(a;(gn-—z) -+ E)w”' Ex qua,

- +5)( “)/—4*5)* = (Y0 )"

ma'.r crit pfx“;dx ? (“+@)('v—}—5 pr+
iz
'__,s".i""a""(duﬂ + g) (y *}—15 )"‘ — —- -—(Vﬁ__}_é\}xﬂ_{ww_!‘,’_

: n—l—w+x

“-“—v—('y(ﬁ—I)—i'é\) pEa)
'%ﬁ(a«—l‘—ﬁjxﬁ—'-zww
' é\—hf- ST

() o = (Y ek **"a’ﬁi:

WV+5+Y? E€rit: p""‘““
y CE
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1 —B_3 — BY—af—aly .
) Btp=f—5—T= == Eigo

JeP R v de B - (-8)
&y
o (@ (1) ARy A-) = = = (o (1=1) 4 8)a
Jx —‘b&%ﬂdxfr%ﬂfdx— 1= s ~-ABa"
aryxo '
Pofito A—(a B)~~(an+p) et B=(y-+38)-~=
(yn—-3). Hic eft cafis fi progreflionis, quam facores
conficiunt terminus generalis eft (an—-@) (yn-+9) feu
ayn® 4= (ad 44 v)n~+@3d. Comprehendmtur er-
go fub hac forma omnes progreffiones ordinis fecundi.
Superior autem formula ex qua ¢ determinatur trans-

W sd et sdu

Confequenter

e

- mutatur in hanc

(By—ad)a Tt (a0 —Bry)atEE
I-}-s-ABa™ Ex qua facilius forma fequentiom in-
telligi poteft, —

§. 16. Confiderabo nune harum ferierum recipro=
Cas, in quibus potentiae ipfins & funt diuifie per id,
per quod ante erant multiplicatae.  Sit igitur feries fum-

x2 w®

man,da__ ha_ef: B -+ ,(lf“+[3){26¢’-_+—[3)+ (et -- - {3 a-—g—B—) + -

huius {umma ponatur s,
Erit Pdfxﬂ«f)_-—: ?(W—;—l)_@f —t p(w-;-:zjach—l -

o= qr+n,-.;a+p @t (2arB) T "= =
b {mr—4-11)

@i P Fiaf prn——prn—an— 3, erit p—a,
24

o
' . ad(xB g 2 ap
et = f'; Quamobrem erit (a’.x-__) =B 42
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Gt

s xe ——. Et
- V" (at+-8) (20+8) -~ - (2 (n—1) +-8)
f

," " BTt .
28 . A

T (R ar ' .
10 terea - = —p-s—" pofito vt ante A=
propt J«i Jr IRV NE Gh
(cx—-{—-ﬁ) === (an—=8). .. Acquatio haec cuohuta pe-.
'——a g +ﬂ:
E’.-m - g - € ya dx
b1t !ua,ocd.r—{—@x @ sdx:ﬂdx—kxmm’.xw —_

€-:l

CPer §% T gransit in czxds—!—’gm’x:xdx

Ll 3 __}__g‘rdﬁ"_sdx dx.»“dx

o T Ad. :
‘ LS i

1c tur. hqec'acqmtlo per ¢ @ax  vhi ¢ eft nu-

mcrus ‘cnins logsaﬁ 13, ﬁet ea integrabilis, prodibitque

— B -z, — X ﬂ

aaxas_.—fc mxadx(1—~_) Atque s= Lo e xafc 2xe dx

L
(5% ) Hmus progre{ﬁoms in infinitum contmuame ﬁunma

. £ R
1g1tur erit —M L af.s g dr—=8(8—a)(B—2a) - - =~
: _é‘(@-a) - -0

.?l,_ .
Sm ﬁt E_o&

¢ e
2

;etita porro,

Ex qu@ mteihgltur quotles g fit multiplum lpﬁus o,
fofhraam feriei ‘finita et integrata expreffione exhiberi
Tom. VI. M pofle.
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pofle. Si autern = Euadat ﬁaého formula inuenta in-
tegrari non. pc}tc

§. 17. Clellat termmus qmsque duobun&(mbus,
hiabebitur progreflio haec i =T

(a-+—ﬁ)— e T
S N .
(oc+4€) - (sa—H‘:) @t E) (2 (-1
¢ ; ATF
c‘ui'ﬁsf 'fumma pomtur o.* Bt 2O __plmt-Da
dx a— &
Pf7r+ i AT o L p(m—n) Al
(a—~1—€)—~_-(3a+@) ; (a+€)~-—~(oa(zn 1)+E)
fit pw~+—pf1:2aﬁz—~a+é’ exit p—==z2a et 'n'_._g"‘E
. g
QCLQP(IHB—“LJ)_“_- Men—c:’- ) & 2o
I_dCerQ ix —x2 [o&—}—@ (-m—]—§)+
C—3 @ -fn ¥
a 2a

Abde it
(a‘—-l_g)'—"""(&("ﬂ-—-g)—f_gj que 1iternmm

zopd x™ d x%&%)__ﬁ(g d—-2am) g—sa

TEE AT
d‘y\z - 2 w = -+
f-,’ . €—§a+
a @ n—}-ﬂ' .
,__P( ga—t-2ant-2amw)x 2 + Fmtp@
20 a—_}_—g)("a’_}—g)““'?f((:‘(”"? ,«aH_g)

"*73]9@-4— 2pan—t—cpam=4ats—gp2 ——}—2a€ erit '

p=2a, ¢t ’Ti’:%- Vnde prod1t 4a*dl 12""7(-7” 2‘”))

a2
] 3—-4::;
g f-—--ﬁa+ + Fo n
— o) a - e L
‘ (OH—Q) - (cx. 2;?1—3)-+~Q)
Lo —&x




A -fm:@mcﬂmsi@ms. o1

(rx—{—-é’)——-u a(hn—xH—-@)
tio gft inftitnenda , {i terminus quisque
15 in denommatore, crefcat. Nec non
fi .pmgreﬂio, quam. factores denominato-
it mon fiterit’ drithmetica fed algebraica
quomodo ad aequationem, €X qua fum-
1eniti -oporteat. Scilicet quilibet
“Tnplices eft refolucud;ls vt §. 15,

s cnemhsﬂé’carum eﬁ‘. (mzz+€)

o o

4 |., i f "'Tr
mrm hulus ponatur 8, erlt P d; )

"-a:p (a4~ ) xﬂ-*-’ff*

Azque de-

3 L7 - w-(w }z*-_- L)
) ﬂ"@r%“frlg)(w—%—g)x“ =V e
+ﬂ3(‘ﬂ+ﬁ—+—a;1)vn+ﬁ+P-2 i
; "):i B . Fl'(lt
pﬂﬂ'f 1)7]_"—' nnB

fa.-\f i 2*—;@ feﬁ g I — 2.

— VL et =t 1/2. Qua-




mno»naha__ omnia

———— pf7r+n)1"+“—-

o2 METHODI”S GENERALIS
IN—2
¥ —v2 -2
ey _— 2 e g
e e
x?l
R -~——(2ﬂ

}) Sumlm m,ro huivs {eriei ; in

r * 1;._[“
infinitam 11mcn1mur cx hac aequitioné x—V2dy Zg £t
._1/"!
25" 254(9 J—(z-—:ﬂ/z).x 2 duz’r—}—(Vz —23
—"‘2"7—"0 T ‘——'\-’2
X, o2 m"a +2‘L< B da’r-}-z’/za : az'rfz’.x—i—-
TR -—-2._..._1}n P —ya
(x—=Valhw "5 ygpe—, dxi4-x" 2 sdat=
—Vv2 —2—v2 22,

282 didy—x T 3 S iyt x5 dds. Seu 2xdds—

sdx.' £

T 2dsdy = da? s dat s CX qua aequatione ir-
euaniere.

§..18. Si fitores denominatorum confirmnt pro-
greflionem potentiarum , huinsmodi progreflionum fum-

mas mueﬂxgabo vt fit progreffio propofita e+
x2 _ a®

(a+§)2\2a+€)2+ (ﬁ_l" g)2 ~ - (f]a+»€)2
.sponatur ﬁlmm‘]_ J- efﬂt pd( 1“{‘) p(']T—I—I);L +~

dx (—-8)7

(‘3‘“‘*“3)2 '~~-{na+f3)° o Bt prt-pr=—an

-l——ﬁ, erit p=a et w8, Propterea ad("“ e

T r——

“adx
B‘—i-
A —1
e s e _. Porro

(oe-—;—-ﬁ,’ﬁ-—.:—(noc-—%—ﬁ)

apd
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_ptpems
T a(d-—l—ﬁ)

e e R Ll

.J-y n+a[3 Ergop_.a! CL M= g1,

+----———--+

“Et fumda progreflionis
k4 T 9_
a*d(xd( 2 f))

erm; nabnur aequatmne vl
x, d X2

Sd(xd(xa’ .w:)))
dq:'

r ex hac aequatione

‘ex-cetto fadtotum numero pro indi-
crefeente: conftantia, Ita fit pro-

" ‘ff—:l-%‘w ~fag-b)f2a4-H) 22
et (et B) T @splaaip ¥ —H ==
JL

7%, huius: fumima ponatur s, erit pfams
M3 | T A=
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- {7+-b) plodb)—~u. (@n.4-3)
dl—mmq_ﬁ) A e e

11, &3] - - {an 3By
AT b ap @prA-bp—md-n— 1, erit p=%
I.’--q b+a
' Xoa ody  oxe
et mo = Adeogue fr = = S P
: a a0
d=B) - (g/pex) ) b Ax™x o sy o
Li—L._( ? H_-—) petn Ry aenuop ( j?”_—-__—ir -
(o~ (3‘)-—-——(cm+ ﬁ) adx
== Pll-dam). (N n+:r':r)w+“é\_——--(mn 1)-+b)
b5 claep +- - ala-3) ~ - (it f3)
g T Fiat Z:p+ap;z+:zp7r —aan—-af3,
.o b—a
adlye s v o g4y
erit p= o, et or — 'B ~£. Vnde eri 29** ) —ro _)
¢ adx
B {a—4=h) z~{aln—1)q-5} ﬁ 1 g '
[C 7—--—-t!n--- =5} e} }
"—E'xd' aa e (rx+f3)———\a[n—-1,-—f—{3 pa+ — A%~

—[a4-D) - o - tany ) - AT+
re (51 M _m@, *). Ex qua aequatione s @et;r«
minare licet. Si fummg progreflionis propofitae in in-
g b

—_——

b.__
ad{a® e 37 ¢ dy g
ﬁmmm deﬁderemr erit f ~-—)~u~—~ A%
ady
8 3 B b b—at B
v & . G —1 L P
.w;, feu z m~~&_?w 1 [27T sda Da.w S=
B 8. b
*e—-pes. Quac abit in hane (& r‘}‘?}x ﬂfx & tdy
b—eg . b
" , Laby T e
G-Er=&--2, vel hanc (f_m?‘z ) [ a P42 %y
bdes bta b—ag
.F?__TJ L A H&ec differentiata dar (f :—b‘x g
b [ - b s
m’v—ir—“—xa a"fﬁ-—““x a fda,-—(““-“‘wrh—k«x “ ds
B

- (B2 ae sdy . quae reducitur ad hane

¢

. .3
a—a.fd.l ﬁ— aF
“ads
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“"%yxdr—{—a ds+(—— x5dx. Sea d 5=
SEEE AU RS I‘ﬂuluphcuur hace ae.ua-

: .-‘-. jﬁix»‘f_—__b—-i_f )a::.;:" - [3 B {3
ped o7 -_;Mf—u’_ , vel pcr xﬂ(cf.——m.)“ f-‘;}"' BErit
: VR o B . B
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quqe‘ —-q ({75}74 f %% Lo fﬁi—)—g j——-df Samma igi-
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mﬁxus iuﬂeger affitmatiuds.

"pmgwﬂio ﬁrerxt ¢x “Hutusrhodi - ipfiits
icieptibus et algcbr‘ucis«vccmpoﬁta primo coef-
a’f,ébﬂla *{iferentiatione ™~ et “imegratione de-
‘ @ﬂaﬂw« ibi eft factym, et tum’ progreﬂio reful~
5 !modo hic’ exPoﬁto tm@:trl. Vt it progreffic

(2p—1) X
e &
1.2.3——=—#
: p o= 2

it pJa” .rdxy._( +z)1+
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—

Ex quo. erit

Ti— 1



METHODFS GENERALLS

=1

-—2
L d 2Zfr % ody)

Erg 2dx

M1
X —_— I}

I.2.8—-——~n—1L)

y €X qua aequatione s inuenictur. Eric
1.2.3~—~~1

—

) . g
antem I

405 LY

. —3
Ponatur 1.2.3.~~~~n=A, erit porro (r—2x)fx 2

1 —3

- t

sdx 5 22y 24 x
) 1.2.9~—~p

1
- n Mg
5285 4X .
sAx=4x%— — . Summa progreflionis pro-
o - ‘ ‘E A " F) - ‘
pofitae in infinitum continuatae vero definicrur ex ifta

H ) " — —25 : .
acquatione fx 2sdx --—..“—43.-—2;)35 quae differentiata dat
sdx 2 24 rxdx—-sdxr—6 520 0eme 2 205 g x2ds St an
eV —— T (1 axifaye —, feu vdx+2

X2dxy —sxdx—2552 dx—xdsd-2x2ds—o. Quae

. _ Sdel e x) o dx(f 4
reducitur ad hanc 45+ 2252 - diliden, Quae
e 2 '

. 1 L " ys AT
multiplicata per fit integrabilis, prodit autem
r—2x - l
s fotdx it d-2x) _ ¢—®
-2 (I—2%)2  1-ax |
—¢*(r—2x). Quure fi fuerit 2= { erit 5= 1. Adeoque
-t 3 § 7 e .

1 _r5+;,2_‘+—+~_1_2_ 5T g ot in mﬁx?q

§. 21. Ex his apparet ad quas progrefliones fum-
mandas methodus hac differtatione expofita fe exrendat:
fcilicet ad ommnes eas progreffiones, quae comprehen—

duntur

—1. Atgne hinc s==1
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o frermiro, generali xR ybi A et B
pant;’ ermmos oxdinis 77, . quarumeunque progreffio-
. guim aigebratcartm. BrE eﬁ fadtufi ex yn--0 ter-
- minis” progreffionis cumsqne algebmcae itemque Q eft
mile factum exX gnn—+2 termini§etiam cuinscunque pro-
{fionis algebmlcae. Omn}no antem fimmae huiusmodi
onurh tribus modis expoﬁme inuenientur. Vel
d wf BDa. prorfus algebraica, vel '1{1"1g11atu1' qua~
epiam, 2 qua fimma pendet. Vel textio aequa~
.a1'ab' es quantitates § et.& penitus
ST faltem conftet
T4 »l arpuis yero. llacc me~-
hateat , tame mﬂumeme occurrere _pofu-
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termmo generali cm{’cente-—- , in
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pmeré% quoscunque 111tegros praeter vnitatem
13 "fummam effe —'1 demonftranit Celeber-
:.Quia autem elus terminus generalis
sipon pote{’c exhiberi,-mirum non eft,
om@n ’:poﬂ"e fummm. o

L etc,
‘,5'




